OMOZXIIONAIA EKITAIAEYTIKOQN ®PONTIETQN EAAAAOX (O.E.®.E.) - ETANAAHIITIKA OEMATA

I%I - , EITANAAHIITIKA OGEMATA 2019

B" ®AXH

=0l

E_3.M)\2T'A(0)

TASH: B’ TENIKOY AYKEIOY
MAGHMA:  AATEBPA /TENIKHE IAIAEIAE

Hpepopnvia: Xapparto 11 Matov 2019
Awapkewa E€éTtaonc: 3 opeg

AITANT

OEMA A

Al.  Xyolko Bipio cerida 141

A2. a.AdBog, PB.AdBoc, < v, 240010, 0. AdBoc, € Zwotd
A3. a-2,B-3,7v-4

OEMA B

B1. ’Eyxovue:
P(1)=0 - P+’ +(B-1)-1+7=0
P(2)=-7]  2+a-2°+(B-1)-2+7=-7

—1+a+B-1+7=0 a+p=-5
= =
—8+4a+2p-2+7=-7 4a+2p=—4

a+B=—5} a=—Pf-35 }
= =
204+B=-2 2(B-5)+B=-2

a=—p-5 <:>0L:—B—5 <:>0,:3
2-10+p=-2 f=-8 B=-8
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B2. 'Eyovpe, P(x)=-x"+3x"-9x+7.

H x=1 givan piCa tov P(x), and oynua Horner £yovpe:

-1 3 -9 7 1
-1 2 -7
-1 2 -7 0

‘Etot P(x) = (X —1)(—X2 +2x —7)

H —x*>+2x-7=0 eivor adbvatn oto ~  yiori
A=4-4(-1)(-7)=4-28=-24<0

2UVTAGGOVLE TOV T{VAKO TTPOCT|LLOV TOVYIVO LLEVOD:
x (o) W e

Apa,n P(x)>0

B3. Exteholue v dwaipeon :

X’ +3x*=9x+7 | x* -1
X —x —x+3
3x* —10x+7

—3x+3

—10x+10

apa m(x)=—x+3 karn Tavtomnta mg Evkieidelas Swipeong stvon
—x* +3%> =9x +7 = (x” —1)(~x +3) +(~10x +10).

B4. 'Eyovpe, m(x+1)=—(x+1)+3=—x-143=-x+2
Apa, m(n(x+1))=m(—x+2)=—(-x+2)+3=x-2+3=x+1
Onote,
P(x)=n(n(x+1))-10 & —x’ +3x* -9x +T=x+1-10 <
—x*+3x> -10x +16 =0
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I'1.

I2.

O mBavég axépateg pileg etvan or dwupéteg: +1,+2,+4,£8,£16 100 0TO0EPOV
opov. Me 1 Bondeia tov oynuotog Horner yioo x =2 €yovpe

-1 3 -10 16 2
-2 2 -16
-1 1 -8 0

Apa, n e&icwon yivetatl:
—x’ +3x* —10x+16 =0 & (x - 2)(—x* +x-8) =0 <

x=2 1M —x’ +x -8 =0ad0vorn apod A =b—4(-1)(-8)=1-32=-31<0

Enopévoc, povadum pifa e eéicwo

Mo va Bpodpe onye

1-1
f(x)=0<=In(1-Inx)=0<In(l-Inx)=Inlel-Inx =1
1-1
Inx=0< Inx=Inlx =1.
To onueio Topng g Ypapikng mapdotaong g f pe tov aova XX givat to
A(1,0).

H gopiletanyuo x +1#0 < x # -1 (1) xou

1_X>0c>(1—)()(1+><)>0<:>1—)<2>Oc>x2<1c>|x|<1c>—1<x<1 (2)

I+x
Am6 (1) ko (2) mpokvmrer 611 T0 MEdio OpIGHOD NG g eivan D, = (—1,1).

[o xabe x € D, &ovue —x € D, kot

a(x) =it =in 2] =ty

1-x 1+x

Emopévag, n g eivan mepreti 6o D, .
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I'3. Twoxdbe x e (l,ej &xovpe
e

f(X)—f(lj:In(l—lnx)—ln(l—lnlj:In(l—InX)—In(l—Inx1):

X

|n(1—|nx)—|n(1+|nx)=In(l_lnxj:g(lnx)

r4. 1°%1poémog

INo kéBe x e (l,ej &xovpe
e

3 1 1 1
f( )+f lnx <::>f —j<:>2f(—j:
X X
1 1
f[ ) 0<:>1n —In| — lohx=0<x=1.
X
2% Tpomog
o kaO¢ xe
f(x) —|= n(1-Inx +In(1—lnlJ:|nl_|nX<:>
X 1+Inx

1-Inx

|n(1—|nx)+|n(1—|n)(1):In1 |
+1nx

<:>|n(1—|nx)+|n(1+|nx):

Inl—Inx

1+ Inx

In(l—lnzx):ln _|nX<1:1>1—|n2x=1_InX <:>(1—|n2x)(1+|nx)=1—|nx<:>

1+ Inx 1+Inx

(1-Inx)(1+Inx)’ —(1-Inx) =0 & (1-Inx) (1’ +2Inx +In’x - 1) =0 =

(l—lnx)(ZI nx+|n2x):0<:> Inx(2+Inx)(1-1nx)=0
Apao,

1-1
Inx=0< Inx=Inlex=1

gl

1-1

2+Inx=0Inx==2<Inx=lne” ox = — amoppinteTon S10TL
e

Lg(l ej
e? e’
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1-1 1
I-Inx =0 < Inx =lne<>x = e anoppintetal 51011 e ¢ (—,ej
e

Omnote, x=1.

OEMA A

Al.  ®¢étovpe nuo =, pe —1<o<1 ko éyovpe :

20° +30+1=0< o=-17 m:—%.

INo o=-1 &ovpe nua =-1< @

Enedn o €[0,27] =

2K

1, 1 I
o 03:—5 EXOLUE nuocz—z@nuaznu 3 Sa=

Eneidn a €[0,2n] 1ot a, :%, o, =—.

A2. Eyovpe,

21(7:+7—Tc
6

KEZ

“1<nuo<l e 2<2Mua <2< 2-2<2nuo+2<24+2 <0< 2nua+2<4

['a va eivon exkBetikn n f wpémer :

2npuo+2>0(1)
2nuo+2#1(2)

Eépoupe 0Tt 2nua+2 >0, dpa yio va Exet Avon 1 (1) mpémet

2nua+2¢0<:>npoc¢—1@oc¢37n
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A3.

Q) 2nua+2#1 @nuai—%@a;ﬁ% Kol oc;t?n

, 3n T 11w , ,
Apa, yuo o # > o # o Kol o # v n f etvon exBetucn.

Emeon n ypaeikn mopdotoon e f dépyeton amd 1o onueio A(%JJ T01€

1
f(%)=2<:>(2npa+2)2 =2 2nuo+2=4< nua =1
Apa, o Tomog g f eivon f(x) = 4%,x €
i. 'Eyoupe,
f(cvvx)+2f (—ovvx) =f(

4(YUVX + 2 '4—0'UVX — 3 <:> LVVX

Oétovpue 4°° =@ > N g&icwon yivetau

2=0c 0, =1MMn,=2

Mo o, =2 éovpe:

11-1 1
4V =2 & 4V =42 & CUVX = - &

T
. 2KTE+§

OLUVX = OLUV=- & X = KEZ
3 2K —g

ii. Tw x>0 é&ovue :

f 1

f(lnx)+f(2Inx)<Ine [Ej < 4" 47 <f(%j o4 L4 ) o

4 g2 <0 (47) 44" -2<0
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@étovpe 4™ =m >0 koun avicoon yivetar : o’ +®—2 <0

0 —0 =2 0 1 +00

o +o-2 - 0+

To mpdoMpo TOoL TPLWVLHOL PaiveTal 6To Tapandve Ttivaka. Emopuévag
grovpe ' +0—2<0< 0e(0,1). Apa,

4 1
0<4™ <l 4™ «c4"oshx<0o hx<hlex<l.

Apa, 1 avicwon aindevet yuo kébe (0,1).

iii. 'Eyovpe,
log4 +log4 (y2) 5,4 +log, 47 =25
4 4 PN
Xx+y=7 X+y=17
2 2
xX*+y’ = JIES +(7—X) :25<::>
x+y=7 X y=7-x
x> +49-14 2x2—14x+24 O
<::>
y=7-Xx y=7-Xx

X’ =7x+12=0 x=4 1M x=3 x=4 | [x=3
& & 1
y=7-Xx y=7-X y=3 y=4

Apa o1 AGELS TOV cuoTHHATOG Elvat Ta (VYN (4,3) Kol (3,4).
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